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equivalent to the hypothesis ofmeasurable cardinal existence. The question is considered: for
what nonstandard bounded t all points ofX are t-nearstandard [4], whereX is a non-rarefied
compact. It is shown that any standard set including such t must be measurable. Moreover,
for such t all t-standard points of X are standard.
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By Herbrand’s theorem, a theory T is consistent if and only if every finite set of its Skolem

instances is (propositionally) satisfiable.
Herbrand Consistency of a theory T can be formalized as: “for any set of terms, say Λ,

there is an evaluation on Λ which satisfies all the available Skolem instances of T”.
Provability or unprovability of Herbrand Consistency of weak arithmetics (i.e., proper

fragments of I∆0 + Exp) in themselves had been an open problem since 1981 (see [2]).
In this paper, we modify the above definition such that its negation gives a real Herbrand

proof of contradiction, even when Exp is not available and show the unprovability of Her-
brand Consistency of I∆0 (with the modified definition which is implied by the old one) in
itself.
This incompleteness theorem has been shown for I∆0 + Ω2 by Adamowicz [1], also in

another unpublished paper, for I∆0 +Ω1.
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In the setting of constructive mathematics à la Bishop, uniform continuity is related to

strong continuity—that is, the second-order functionality notion naturally associated with
apartness spaces. The guiding questions are whether strong continuity in general differs from
uniform continuity, and—supposing that it be so—under which circumstances they coincide,
and in which instances they are interchangeable.
A mapping between metric spaces is called strongly continuous provided that if the images

of two subspaces lie apart from each other, then so do the original subspaces. Every such
mapping is pointwise continuous; more specifically, the pointwise continuity of any mapping
requires the defining condition of strong continuity only from pairs of subspaces that contain
at least one singleton. Moreover, any mapping is uniformly continuous if and only if its
two-fold cartesian product is strongly continuous; whence strong continuity follows from
uniform continuity, with which it is classically equivalent.
The well-known constructive intermediate value theorems, usually proved for uniformly


